A NOTE ON CALDERÓN-ZYGMUND SINGULAR INTEGRAL CONVOLUTION OPERATORS JOAQUIM BRUNA AND BORIS KORENBLUM
The purpose of this note is to show that the notion of weak maximal function introduced in [1] (see also [4] , where a similar notion is considered) can be used to obtain some new information on the Calderón-Zygmund singular integral convolution operator.
We will follow the notations of [3] . Let K be a kernel in R n of class C 1 outside the origin satisfying
For e > 0 and ƒ G L p (R n ), 1 < p < oo, set and
We will assume that K satisfies the usual properties ensuring that the mapping ƒ »-• T*(f) is of weak type (1, 1) but, as shown in the last section of [1] , this condition is not sufficient (see §5 of [1] for other remarks concerning this question). PROOF OF THE THEOREM. Let us first remark that the corresponding result with Tf replaced by the Hardy-Littlewood maximal function Mf is also true. In fact in this case something more precise is true, namely
for some constant C = C(n). This is shown in [1, pp. 9-10], and it is also implicit in [2] . In fact, our proof of the theorem will be a consequence of something similar to (3). We will show that 
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Now we will prove that for z € B 
This implies \\T*/allfoo < Cm(B)(T*f(x) + Mf(x)),

